R is a complete ordered field including two special elements 0, 1 (zero, one) with +, x (addition, multiplication), and order
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Well-Order Principle for N. Let X be a nonempty set of natural numbers.

() If X is finite then it has the smallest and the largest elements.

(Il) X has the largest elements if and only if (iff ) there exists a natural number n dominating (bigger than
or equal to) every members of X. [Hint on Proof: induction over n].

Let Z denote the set of all integers, that is Z: = { n: n =0, or n is a natural number or -n is a natural number.}.
Generalised Well-Order Principle for Z. Let X be a nonempty subset of Z.

() Let n be a natural number such that -n < x for all x in X (such n does exist in the case when Z is finite).

Then {n+x: xin X} is a subset of N.

(1) If X is finite then it has the smallest and the largest elements.
(I X'is finite iff there exist natural numbers n and m such that -n < x < m for all x in X.






